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Abstract

On the real line, the Dunkl operators are differential-difference operators
associated with the reflection group Z2 on R. We consider the generalized shift
operator, associated with the Dunkl operator. We study some embeddings into
the Morrey space (Dunkl-type Morrey spaces) associated with the Dunkl operator
on R. We obtain the boundedness of the Dunkl-type maximal operator in the
Dunkl-type Morrey spaces. As applications we get boundedness of the Dunkl-type
maximal operator in the Dunkl-type Besov-Morrey spaces.

1. Introduction
On the real line, the Dunkl operators Λα are differential-difference operators

introduced in 1989 by Dunkl [8]. For a real parameter α ≥ −1/2, we consider the
Dunkl operator, associated with the reflection group Z2 on R :

Λα(f)(x) :=
d

dx
f(x) +

2α + 1
x

(
f(x)− f(−x)

2

)
Note that Λ−1/2 = d/dx.

In this paper we consider the generalized shift operator, generated by the Dunkl
operator Λα in terms of which the maximal operator (Dunkl-type maximal operator)
in the Morrey space (Dunkl-type Morrey space) associated with the Dunkl opera-
tor on R is investigated. We obtain the boundedness of the Dunkl-type maximal
operator in the Dunkl-type Morrey spaces.

The paper organized as follows. In Section 2, we present some definitions and
auxiliary results. In section 3, we give some embeddings into the Dunkl-type Mor-
rey spaces. In Section 4, we give the our main result on the boundedness of the
Dunkl-type maximal operator in the Dunkl-type Morrey spaces. As applications of
this result, we prove the boundedness of the Dunkl-type maximal operator in the
Besov-Morrey spaces (Dunkl-type Besov-Morrey spaces) associated with the Dunkl
operator on R.

2. Preliminaries
Let α > −1/2 be a fixed number and µα be the weighted Lebesgue measure on

R, given by

dµα(x) :=
(
2α+1Γ(α + 1)

)−1 |x|2α+1 dx.




